In this paper, we will show with a fairly complete proof that most of the results in [10] hold for homogeneous periodic states on a factor without the assumption of inner homogeneity. As an application, we will see that nonisomorphic ergodic automorphisms Ö of Jf 0 give rise to nonisomorphic factors â#(J/ 09 0) of type III. We keep most of the terminology and the notations in [9] and [10].
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We consider an arbitrary pair of homogeneous periodic states q> and \j/ on a factor Jt of the same period, say T > 0. Let K = e~2 n/T , 0 < K < 1. We denote by M J^ the set of d\\xeJ( such that p t (x) = K int x, t G R, which was denoted by i^ in [10] . With this alternation of the notation, we first note that Lemmas 1 through 6 remain valid without the assumption of inner homogeneity. Since Jt% and M\ are no longer factors, we have to analyze more carefully the relation between Jt%,Ji%^ and Jt%. We denote by 2t% and Jf% the center of Jt% and Jt% respectively, and by u^ and u^ the isometries in Jt\ and Jt\ respectively which give rise to isomorphisms 6 9 and 0^ of Ji% and Jt% onto e (p Jt%e (? and e^Jt%e^ respectively, where e^ = u^u* and e^ = i^w|. We also denote by 0^ and d^ the automorphisms of jf § and &% induced by 6^ and 6^ respectively. Since Jt is a factor, we know from [9, Proposition 9] PROOF. Let e be the smallest projection in 2£% with eJf*f = Jt^+f. We have then evf = vf so that Therefore, the isomorphism a v does not depend on the choice of v, but only on neZ; so we denote it by a n .
LEMMA 5. For each neZ, we have
o n°Ö <j, = °n+i = 0</>°<V PROOF. Let ƒ be an arbitrarily fixed projection in <2f #. Let e n = a n { ƒ ) € <3f §. We have then en^^Jt^f^u^M^f u%e n +^Ml*f = M»*f
Hence we have &~\e n^x ) ^ e"; equivalently, e n+1 ^ ö<f,(e n ).
On the other hand, putting z -1 -^(ej, we have ifyu+MÏ+f = (1 -O^W = {0}; zer*frif = ziv***/ = u 9 u*zur*;*f = {0}.
Hence we have ze^ ^ (1 -e H+1 ); so zgl-e B+1 . Therefore we get &<Mn) ^ ^+i-Thus we have ^»+i = 0> M ); that is, ö 9 oa n (f) = <r n+1 (/) for every projection ƒ e J?#, which means that a n+ x = 0^ o (j n .
By symmetry, the other half of our assertion follows. Q.E.D. COROLLARY 
The ergodic automorphisms 5^ of &% and S^ of &$ are isomorphic.

LEMMA 7. If v is a partial isometry in M*%* such that the initial projection q = v*v and the final projection p = vv* have the central support 1, then we have
where a is the real number defined in [10] .
PROOF. Consider a faithful state q> o a n on 3£%. Then (p o a n o Ô^ = <p o Ô^ o <7 M = ^ o <7 W , so that <j p o ( T M is ^-invariant ; hence <p o <r" is a scalar multiple of ^ on Jf# by the ergodicity of Ö^. But <p o a n and i/^ are both states, so that q>o(j n = \f/ on <2fg.
We have next, for every a € <2?#, From this theorem, we can conclude that Theorems 8 through 10 in [10] hold for homogeneous periodic states q>, if/ with the same period and/or for projections p and q with uniform relative dimensions.
Let & be a hyperfinite II r factor and sé = L°°(0,1). Let Jt 0 = & ® sé. For 0 < K < 1, we choose a projection ƒ e !F with x(f) = K, where T is the canonical trace of #". Let 9 be a fixed isomorphism of 3F onto ƒ#ƒ. For each c e Aut(^"), let 0 a = 0 o a. Let 0 be an ergodic automorphism of sé with invariant faithful normal state \x. Changing Ö under an automorphism of sé, we may assume that \x is given by the Lebesgue measure on (0,1). Let <p 0 = T (g) JU. We obtain then a factor @l(Jt 0 , d a (g) Ö, (p 0 ) as described in [9] . We denote it by JÏ(K, G, Ö). 
